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A ~ Y M MET POI A P IBM 0 I 

K u ~ d fi P 0 a t y y \ a , v 
:'_~ C , 0 p , (J lio c;; K ~-u_ C5 1:_ 1;" o(J a __~_ 

I . eEwp~cr~Ev-~ux6v~a p~~ov dp\~6v ~~ ~PEfi6~EVOV Etc;; 

CEKaC\~6v a.KPt~W~· r..X. ~6v 7!3' rVWpisO~EV ,~K ~~c;; 8EWPIl

~\K~C 'Apt~~~tK~C,5~t O~~OC ~p£r.£~at E{~ ~O anAouv nE
ptOOtKOV KAaO)la 7,-242424... at a.pt8110{: 

(a ) 7 ,2 , 7 , 24 7 , 242 , 7 , 24?4 .•. 
"1 { .6 L I I ~ -8 

E.'Vat a Ka~U. npocrt.yytcrtV f6, too". ~1.11at ~ou 733 

Ka~'~AA£\~tV,Kai at ~1.~a{: 

(~ ) 7 , 3 7 , 25 , 7 , 243 , 7 ,2425 ••• 

Elvat at Ka~a r.poa€yytcr1.v , fa ' I~'" ~\'}la.r ~o\5 -7~- x.a.8' 
~r.£poX~v. ( , ' , 

ITapa~~pou'}l£v ~c~,5~t ~J6'}l£v cuo aKoAou8{ac (a) Ka.! 
(~) '}lE ia~ t~~c to\o~Il~ac: ' , 

I) Otoao~r.o~E a.p1.8p,oC ~~~ a..KoAou8{ac (a) E'iya\ '}ltKp6
~EpOC;; o{oUO~~O~E ap1.e~OU ~ijc a.KOAou8(uc (~). 

n) 'E6.v o08ij a.'p\~~ ~1.C eE~tK~C E,6crovo~r.0~£ ~\KPOC, , 
OUVcl'}lE 80. n6.v~o~E v&. E\SPWp.EV 6.p \ 8~ov ~ijc 6.Ko)..ou8 {ac;; (~) 
Kat ap1.811ov ~~c;; dKoAou8{aC (a) c\acpEpoviac;; a.r.' a.M~N.uV 
6AtYW~EPOV ~ou E. . 
Il.X. "Ecr~<.O 5'L"1. ~oo8~ w~ E6 dp\~oc 923' a.U'L"Oc Elva.\ 11E

yaAU~Epo~ ~ou 160' a.PKE\ va Aa~w ~K 'tijc dl!.OAOu8iac (a) 'to : 

7,24 ~ o{ o vo~no~E Er.O'}lEVOV 'tou Ka.f ~K 'tijCa.KOAou8{uc (~J 

'to 7, 243 ~ 0 t ov5~rcO '-rE Eno11£vOV 'to'\) , l va ~Xw ouo ap \ -. OU~ 
't~v8uo dKO~o'\)9\ffiv (a) Kaf (~) ~t ~\a~opdv ~ \KP O't€Pa.v 
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8£'t"tKo. Ka.i ~a.tVO"\)V 01.a.PKWc;: £1.O,1;1;O U"~ E·· a. , ~a.-: : - - _ ·: '"":' \ 8E 
lltKpOTEPa. o{a.aO~~ 0 1;E '}ltKpfic;: noa61;~1;OC a£.: Kij ~ ~ ~ ~E{ - C. 

•~ P \ CJ J.l.__ £.J; 

't" W V a c \)~ E 1; W V . 0 1.' a. V \ 0' 0 1; n_.1" ~ V.' 


2.e£wp~Crw}1.£v ~clAtV 1;6v 'p~T6v ap1.8p.6v 73~· 6uvelllE8a. 

va vo~awp.£v 01..0UC TO "c: Pfj1;OUC up 1. 8p.oUc;: xwp t CYp.Evouc;: Ek 
ouo Tcl~E1.c;:,A Kat B, Et c;: 1; 6~ ov, ~aT£ EtC T~V np~1;fjv A va. 

aV~KWatV ' AOt o t fj TO{ o i 11 1.: OTE 0 \ 'LO U 7~- , CSrcwc Kat 
33 

•• 7 8 t ~ £' , J!"\ ~. B ' { ~ ,aUTOC OU't"OC 33' E C U 't"~v ~AAfjV ~aVT£C;: 0 AOtnOt, 

orf"-. ot '}lEyaAuT~pOt TOU ?3~.·0 apt81loc;: 73~' CSaTtc;: Elvat 

TO m5vopov 1;WV ouo Tel;;£WV, ouvuTa \ va. V01\ e~ wc mS'}lf~~<?_! 
, - - . a u't"ou 1;OU KO,1;a'}lEptcrp.oU. 

Gel ~OUVci'}lE8a. 6'}loiwc;: vel YO~crwp.EV 1;6 auvoAov 1;WV p~1;WV 
apt81lwv XWptap.EYOV Eic ouo 1;clSEtC A Ka.{ B TO tO,u1;uc;:,waTE . 
EtC 't"~V '}liuv 1;0.;;\'1 A v'av~KwatV ~ 01. ci _1; t t lltKp6

8 , " E1;£POt 1;OU 7 , Etc O£ 1;TI t:. ~ :-- .. '1 ;;- .:::::< niv"n :c;: ot '}lE 
33 

~ 
yaAu1;EpOt O,lnou. Ka{ ; •... : 

YEVOllEVOU Ka't"a.~£~t 

Kat Etc --cdc 
XO v C1 {~ £r; 

- ) - . --. . 

' }t/) o1.ov 

. , 
u~ap-

1 OVO~~01;E ll1.KpOU 

Td ;: \ '! B Ka i lip 1. 8 -
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~ov a~o ~~v ~d£tv A ~O\OU~ouC,Wcr~E ~ Ota~opa'~wv va E1-~vat ~\KpO~Epa ~ou E. . . 
Etc ~o ~pw'rov 'rwv 6.vW'rEpW ~apaOE\)1la1;WY 67~ E{va\

33 
6 ~Eya,AU'rEPOC ci~6 ~AOUC ' 'Lfjc ~pw~IjC ~dSEWC (dv11KWV EIe 

~~v ~ct£tV ),Ek ~O OEU~EPOV ~ap6.oEt)1la 6 7~ Elvat 


KpO'rEpOC d~o 5~ouc ~fjc 5Eu'rE~ac ~d£EWC dv~~~v Etc 


~a£tv. uO~we Etpydo8Ij~E~ ~E 'rOV 7~,8a ~ouvu~E8a va 

. 33 

yao8W}tEY Kat '}1£ ot oVO~~O'rE a.MOV· PIj'rOv. v2a~E 0 c1 ~c1v 1!:Q. 

PIj'rOV EXO'}1EV ~va (Kat ~va ~ovov) ~Ot O~~~ v Xwp ~~o~ ~wv 
PIj~wv Etc 0'150 'r~SEt C . 
ITA~v ~'}1WC 'rwv Ka~a'}1~t~wv au'rWv ouva'}1E8 a vet EX~EV Ka t 
Ka~a~EptG~OUe ~WV PIj~WV dpt~wV Etc 0'15 0 ~aSE\e A Kat B 
~Ot au~ae,wa'rE o t o ao~~o'ri dpt8'floC ~fje ~pthIjc va. E{va t '}1t
Kp6~EP O C d~ 6 o toV5~~0~E ~ije o Eu~Epae,xwptc ~~wc va OU
VO:p.E So. VE £\SPWj.1EV O{hE tv 'T;fj ~PW~1;J 'rUSE 1. lipt Sp.ov .'}1E ya.;
AU'rEP OV d~ 6 GAOUC ~oUCaAAOU ( (dV~Kov'ra Etc 'r~V ~ast~), 
O{)~E tv ~fj OEU'rEpq. dp.tS~6v '}1 1.KpO'rePOV 6.~o~J... Oue ~OU(~
AOUe. "Ae D~oSEaw~Ev ~. X. ~h 1. ~pOK E 1.~a 1. va }"UaW't1EV'r~V ~

s 't OWOt Y:l- 5 = 0 bIj~ouV'rEe \ 01.(1 'r4v O'acp~vE tav, 8E'r tK~V }..u
01.V. OUOEte PIj'rOC:;; t1CaAIj8e~£1. -r4v ~stowO'1.V au-r~v 1).8·£w_ 
pOU'}1EV !]OIj 'ro OUYOAOV 'rwv 8e-rtKWY P Ij ~wV,Oi~tVEe ~1CaAIj

8euouO't 'r~v i ·- 5 > 0 Ka t-ro O'UVOAOV 'rwv 8E'r tKWV Pll~(;>V 0t
-r1.yeC £1Ca~Ij8EuOU01. -r~ v X~ - 5 ( · X p{f,0j.1£v -roue pIj-roue de 
0'150 -ra£E1.( A Kat B,'r0r.08e'roUV'rEe Etc ~~V 1CPW'r~V 'rd£1.v~
AOUe 'roue SE'r1.KOUe Pl1~ouC,~wv o~oiwY ~o-re'rpdywvov elvat 
'fl\KPO~EP~V ~ou 5,~e £1C(OIje ~6 11110EV Kat ~AOUC ~OUC dpVIj
~1.KOUe pIj~Oue,Etc OE 'r~v oE~'rE~av B~o~e -roue SE~1.KOUC 
PIj~OUC,~wv 6~0(wv ~O 'rE~pdywvov E'lvat '}1Eya~u~EpoV ~ou · 5. 

ITpocpavwc 1CaC Pl1-rOC dV~KE1. ~E{C 'r~v ~tav ~ Etc ~~Y aA
AIjv ' ~dS\v,ioxuouv OE Ek~ov Ka~a'}1Ept(J'p.ov a{nov at {Ot-

6'rIj~EC I Kat II.vO~wc dVW'LEPW 6 73~ tSEwp48Ij ~e O'u'}1~o
AOv 'rou YEV0'}1EVOU Ka~a'}1ep1.~oU,OU~w Kat EOW,~1COU ~'}1We 

OEY U~dp Xe1. '}1Eya.A.U-rE..p 0C p Ij}: 6 ~ 'rile -ral;EWe -A,OU1'E 111.'ipO
~f·I8t e8U;pYT"~x'liv' Aplef-Ln~~ii; 1LapCac;; ZE: ~ ~o\3 C1E:r...140. . 
2)'U o~xa.~oA£yla. ~fic;; 6.~~I.C!~O\ X ~t;; ~~v vswv~01hwv xa.'t'af-LgJH~Uiv 'W0~ 

. &,p,Of-LOU<;,8YXEL't'ai. 8LC;; ~owo·CYL~Ja.q)Ot) opL0'8wC!LV at 7!;pcf~eL' xo,L i') 

http:Ka~a'}1Ept(J'p.ov
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E OC p~~OC ~~C ~dSEWC B,ed AE~£V 3~\ cr~~tPnAOV ~ou K~ 
ra p.EP1.0j10U au~ou Elvat ap'~~oc 'i;"tC C: nS-p.l1~ :L·t>~S 2) ,t~a.}..~
3EUWV ~~V ~s{awa\v l =·5· Sci VOWp.EV ~ou~Ea~tv,5~t a o.VW
LEPW Ka~al1Ep\0)10C apiSE\ dcr~~E~P~V ap~6~,5a~\c ~v~au
Sa cr~l1E\OU~a\ ctd ~ou . Y5· .6\a ~ou aUllBoAOu ~ou~ou voou~ 
!lEV ~CW ap\ellov llEya).u~EpoV ~civ~wv ~wv 'L"~c ~asEwc A Kat 
!l tKpO~EPOV ~dv'L"wv 'L"WV 'L"~C ~o.sEwc R, ~'L"O \ ed VOWp.E v au'L"ov 
r.apE~~aAOl1EVoV l1E~aSu 'L"WV 0'150 ~o.sEwv. 

3.wEa~w YEV\KWC 5'L"\ ~xwpiae~aav Ka~d ~\va ~~0050v 0;~ L 

.01. 	 P~'L"ot aptB1l0t Etc CUC 'L"asEtC A Kat B,'L"Otau'L"UC, wcr~E 

r.a.C aptB1loc ~~C A va. Elvat ";ltKP0'L"EPOC ~av'L"OC dptB1lou 'L"~c 
B. 	 TO'L"E ~PE\C ~EPt ~~wcrEtC cuvav~at vo. r.apoucrtacr8wdt: 

ITEptn'L"wcrtc I. 'H 'L"elS\C A va. r.EptEXt;l dptE¥ov ~llEya~ 
AU'L"EPOV ~av'L"6c aAAOU, aV~KOV'L"OC Etc au~~v. 

llEptr.'L"wcrtc II. 'H 'L"o.stc B va. n£ptEX1J ap1.B1lov ~ llt~ 
KP0'L"EPOV a~6 OAOUC ~OUC dAAOUC,'L"OUC aV~KOV'L"aC Etc au~~~ 

Ked EtC 'L"clC CUO 'L"a.u~ac r.EP tr.~wcrE tC 0 dp \ B1l0c ;c OUva1n\ 
vel vo~S~ we ~O a~~oAov '"LOU Ka'L"allEpt0j10U Kat AEyollEV 5
'"L1. a '"L npoaotopq;,£1. ~~v ~op.ttv (A,B) Kat ~'"Lt iI't"Ol1tt £l

. --- .-	 --
ya:... e!1~~· 

ITEP t r.'"Lwcrt C III. 6EV Ur.a.PXE t oihE l1Eyo.AU'L"EPOC . Ek 
~ttv '"LastVA,O\)'t,E lltKPO'"LEPOC Etc ~~V 'L"dstv B t). ~6~E AE
YOl1EV ~~t,~ '"LOll~ Elvat da~llE't"poc. 

wEXO'}1EV o{S1;-Wc 5'L"1. EtC~Kad1.-0V Ka~all!;;p 1. crp.ov ~wv p~~wv 
E{C 0'150 '"LasEtc AKa! B,'L"o1.uu'"Lac wa~E ~ac o.P1.~OC ~~c A 
va Elvat lltKp6~Epoc r.UV'L"Oc aptB1lou 'L"~C 'L"a.SEWC B , av~1.
a'L"otXEi,~vaC'Ku{ llOVOV) dpt8}toc PfJ'L"OC ~ daU'}lllE:'C-poC,a 6
r.oioc xp~atllEuE\ WC aU'}1~o).ov '"LOU KU'L"ar.EptO'p.ou au'L"OU Kat 
}"EYE~at 't"0'}1~ (Dedekind )2). . 
~v~0'6't"'l1t;; tn'a.t't"~v,xae·ov 't"p6?tov M t&WflE:V xa'Lw-.gpw}~axoAouGoi)v .t
0"'I.u9uatt.~ OACH,C;L E:'Jl;C 'to;v ,pm-wv,Gel}E:ALW9€t<; t8T.~h·Il't"~t;;,E:f;rV,a?l:0pp~-. 
el. bi),6xAYJpOt;; 'l1_:A.QL811trt",!:Xp, I~LOL"€P(::t;; iO'XUE:tlE:Le;; 'CnV,E:vpu't<}'tTJv'tau:o 
'L'l1V E:VV 0 ~av ,-. 0V ao t ~flOP, ~ ?I:(1 ma.g-L C; 'tOU .Apx LflPO 9ur,; )(a. I. 'r") ~po'taO'I.'p
't" I. flE:'Lai;u OUO Unt\JI1WV U'}l;(l.OVE: t mv-.O'tE: E: tc -.OUAa.X L<Y'LOV xa.t O'UV8rJ!Jr c , ,,'- ,.. ,..... ' ,,' ~ 

PX,'OuO'tv a.'J1;E: LOOt P'l1'LOL a\teflOL. .1 c.1' r~ II., , t, , c , " ~ iHVa.L ,:"'CVE:POV,CYl:L U7i:OX ELE:-r;aL Tl 7I£pt?l:'tu;O'tt;;,Va. unUpVTl ~leya.i\V'L£t" · 
, .. 	 Atl ~ »., ", ~ '¥ , 

p o e;; ap L....p Ot;; 't E: "{; -r; llV 'tal;LV A XO'... flL xpme pOt; A e L t;; 't i]V B' <5 L O't L , 
iii ( - , , • • At' 't+A ( ')'. , . , , 

• r ?Xc 'WLC»'t"iJ 7':£pm'ttl:C1t.t;;,o apt"llOe;; -2 - P'l1to.t;; eo, E;'Jl;AllP01) -'TlV O'XeO'tV 
--' -- ...l. • c , .. , .,., " . J ,,. ,,~- _.- -< :':CL €:7tOfl€:VC:t;; OSv e avljx8 01)'t£ E:tt;; 'tllV 'tal;tv A,olYCE: eLt;; 

, 	 7 c, o~ c - ' ' '''''' s::' ,po 

• -: .€: vu. ;:np x e p rrtOt;; 8X-'0I;; 't(I.'V u1)O 'ta t:8Wv. 
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4.WEa~wqav bUO acr~~E~pO\ s,s'Ka{ Ea~waav A,B at ~d
s£t(,at opiSouaa\ ~~v ~o~~v S Kai A;B'at ~asEtc,at op{
s ouaat ~~V ~o~~V S'· EXO)lEV ~PE'iC;; t(EP tte'rwaE \C;: 

IIEp{te'rwa1.C;; ' I. AU a E A Kai A'va Etva a{ aU~ilJ' 

'rO'rE Ka\ a{ ~a.SE\C;; B KCLt B'Sa Elva1. at _au't"ai,ot 'bE ap1.S
~oi S Ka{ S·op{~ ov'ra1. ~~v au'r~v 'ro)l~v. 86. ASYW)lEV 
'ro'rE,B~t o ot aaUtt'}lE1:"pOt S Ka! S'£tvat \0'0\ Kat 8a ypacpw
)lEV S =s: 

TIEP {t(1:"wat C;; I I. oy teapXE t E{ C 1:"tl v 1:"as t v A'ap t 8~oC '}l~ 
aV~KW'\f E\C;; 'r~v. Lastv A,8t(0)lEVWc.; aV~Kwv Etc ~~V ~astV B, 
~~O t 'OteaPXE t p!j~6c.; dp 1. 8p.oc.; '}l t'Kpon:pOe ~ou S; (au'}lqX0VWC 
tepee ~a aVW~Epw ~£SEv~a),o Oteo'ioc.; Elvut Kat '}l£yaAU~Epoc.; 
~ou s' Sa )'"EYW)lEV ~O~E I:ht s 'ElvutP.Eya.AU~£pOC;; ~ou sKat 
Sci ypacpwp,£v: s'> S. 

rr£pite~wO'tc.; I II. ·YteapXE1. Etc.; ~~V ~astv A ap\E1flOC '}l~ 

dV~KWV Etc.; ~~V A;~teOP.EVWC;; aV~Kwv ~lc ~~v ~astv B;Sa ~E
YW)lEV 1:"C~E 5~t 0 S Etvat '}l£yaAu~£pOe ~ou s'Ka{ 8d ypd

0"cpwp.£v: S >s: 'EK ~wv avw'odpw op to'flWV tePOKU.Jt1:"iM 5't\: 
I)'I1(av~ Kat avay ca{a auv8ljK!j 'iva s:;:s'£lva1. ~.8s~e: 

ITac P~~O( ~tKPO~£ p Oc.; ~ou tvoc.; 'twv aO'Dll~E~PWV va Elva\ 
Kat ~1.KpO~ErO( ~OU [AAOU. 

2)'IKav~ Ka{ avay]"~a{a cruvS~K!j,~vas<s'£lva1. ~ 8;;~e: 
Na ut(apx~ P~~O( 6.Q 1. 8'}loc, 11 \Kp01;Ep Oe ~ou 8VOe amYf111E

~pou S'Ka{ '}l£ya.'AU1:"EPOC 1:"OU ~AOU s. 
at P!j1:"O { Kai 0 t uaullp-E't"po \ Up \ 9p.o { Ey ov'ta \ P,E ~v 0

VOila _~pa"(il.a.~~KO { dp \ 8p.o i . 

K 0. 'to a ~ E P t - r~ 6 <: _ :) ~~_~. 

~ W if' 
--- . xc P 0. Y 11 a. ~ \ K W V._£_~{_~ __ _8 .~_o__ : a S c: \ C 

;:: E" ,- , ff' " ~. ' )... . . ~L' . ctC .J j'lEV }1E EV ;;o.Pu.u Et "Y1i.Q UVWT_pw, ': 1:"\ t.u.V ~l E.Pt (j p1.

:<)~ xa.8a.:>&:~· <ipZ~-°rl ';;-~- 8v~OtD. 'nj( '!O[.Lfle;; ~ tpSCI\.81:a., de;; '!ov Dedekind. . 
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cre~ev ~6vov E{C ~OUC p~~O~C dpt~ouC,o€v fXO~EV ~av~o
~E ~O~~V ~va p~~6v ~P\~ov. 

wHofj,ta.v eEWPfJcrW}lEV,O~1.,llE EVa o{ovOtiteO~E ~p6teov,txw.,... 

p{crallEV B~ouc ~ouc tepa~a~1.KOUcUPt8'}louc Etc OUO ~dSEtC 
AKa! B,TO\au'~aC~'rE -;~ic ~6.p1.-8p.6c 'r~c A va. Elvat lltKPO
'rEpOC teav~oc'r~C ' R( i) 80. uteapx~ teaV~o~e tepaYtla'r1.KOc ~
Pt~OC ~, ' (5fj~.pfj'r(5c ~ acrDllllE~pOC) 'rOtou"[{)C wcr'rE reac 111.
KpO'rEPOC TOU ~ va. UVtiK~ Etc 't"~v A Kat teaC llEya~U'rEpoC 
~ou A v'avtiK~ E{C 'rtiv B OfjA.ea uteapX~ Uet oc 'rtC ~pay-
l1a~tKOC )...,6cr~tc ~ 'rti v TO Y ou~o cpaiv£'rat wc 
€:;~c: wAc . 8EWP~0'W}lEV TOUC 'pfj~o\k ~OUC dVflKov~ac EtC 1:rfv 
~a.:;1.V-·A,o'i~tVEC arco'rE)...oucrt ~o.:;tV ~tvd ApI 

Ka{ ~OUC Pfj~OUC ~OUC dVflKov'rac Etc ~tiv ~a:;tvB, ol~tvEC 
d~O'rE~oUcr'\. 'ro.s tV 'rtva. Bp ~ 'ro.s 1.C A eo. 6.reo'rE:~~~a1. areo 'r~v 
~d.:;1.V Ap Kat ~tiv T~tV An (EUV AQ Ka~£cr~Ev ~tiv ~o.stV 

~wv aoul1.p.fhpwv apt81u-;)v ~wv UVfjKOV'rWV Eic 'rtiv.A) o1l0iwC, 
~ B 80. ~reo'rE~~'ra t ateo 'rflv BI' Kat ~tiv Ea . 

Ka~o. ~a dvw~Epw,al ~o.SE1.C Ap Kat Bp ,opi~oucr1. ~o114v 

~va ap1.81lov pfj~6v ~ 6.cr~llE~rOV" &C TOV Ka)...€awp.Ev A-}"'Syw, 
o~ 1. reac lltKpd~EPOC TOU )... (Pll~OC .~ 6.crUllllETpOC), aV~KE \ dc 
'rtiv TastV A Kat reaC llEya~uTEpoC 'rOU )... avtiKE'\. Etc T~V To.
stV B"Kai T~ Qv'r1., na:C ll1.KpOTEPOC ~ou 1. 8e! Elva'\. ~ PI)T6C 
~ 6.crUllllE~POC Kat Eo.v Elva\ Pfj~OC eo. "a-rtiKIJ (crul1CPWVWC repoc 
'rov ' oPt~tov TOU )...) Etc 'r~v TastV A~ Elv OE Elvat ~crU~l1E
'rpOC apt~Oc 'rtc s,80. u:teap·X1J llE~a:;u TOU S Ka{}.... Pfj'rOC·6. 
P1.8):t<)c Kat £:teOlltvwc a:teEtp{a PflTWV '~CJ'-T(i) 'r0 1.GUTOC TtC pfj
'rOC 6 K'a~ToC 80. Elvat P!lTOC ~1.KP0'rEPOC~OU A, £:te0l1EVWC 
avtiKE t EtC Tiiv To.S 1. v A~· i~:.:-Ja 0 K 81 aV~1- IJ xa.{ dc . ~~v T6£1.~ 

A" Kat £:te0llEVW( 80. Elva1. lltKPOTEPOC :tea 'iTo<; aP1.e1iou T~C 
~a:;EWC B (crullC?wvwc :tepOC 'rov 6p\O'flov ~(,)v TdSEWV A ·Kat B), 
Wcr'rE ta.v 6 :; aV~KEV Etc 'rtiv 'rastV B 8el Eixop.£v K <S EVW 
u:teE8ECJap.EV B~t K)S·~pa Q. S o.ViiKEt EL: ~1Tv -rustV A. ·0
ti0twc cpatvETat 0'r1. :teUC llE"('ClAU~EPOC ~ou A dviiKEt etc -r~v 
~d:;1.v B,08ev:6 A,ocr'r1.C s::ivat 1;0llii 'rwv 'ra.SEWV AI' Kat B 
Elva1. Kat 'rOllti 'rwv 'ra.:;EWV A Ka{ B. 

http:u:teE8ECJap.EV
http:6.p1.-8p.6c
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n p d ~ EtC l ~ ( ~ W y ~ p a 

a. .p POt 8 11 wv t v y v 

6. ME -rc1 dvw~£pw ~Et>i "t"0'}1~c:. ~1C-rE 9 £vTa va'}1 E8 va 0
p{cr~EV -rac:. ~pa£E\c:. €~{ -rwv ~pa~a-r\KWV dpt ~wv tv y~~. 

rro~~8Ecrt~_wEcr-rwcrav :A.. Kat A'OUO ~pa~a-rtKo{ dp\~o{_ 

KaAEcr~Ev A Kat B -rdc:. -rd£ctc:. ·-rwv p~-rwv-rctc:. OptsouJac:.-r6v 
A,Kai A'Kat B'-rac "t"d~E\C -rwv p~-rwv -rac:. Opt~oucrac -r6v ~:o 

Edv eEWp~a~£v -r£crcrapac:.otoucro~~O"t"E p~-rouc dpt8110UC, a; 
~,a; ~; a.V~Kov-rac:. Etc i;ac;; -rEcrcrapac:. .a.aLCl.C -rClt;E1.C, ~~a~rl'" 
8£uov-raC OE -rdc:. crXEcrEtc:. 

a<A<~ , a'<A\~' 

Sd EXWj1£V ·a+a'<~+~'o 


;'Ac:. voticrwp.£v 115~ ~}.OUC -roUc1tpaYfJ.aT1.Ko'u~dp\811·oUc XWpt
~£vouc £tc ouo -ra££\c r Ka{ 6,oP1.hollEvac:. we ~~~c· E{C 
-r~v -rastV r dV~KS1. ~a.C dp\8p.oc lltKpchspoc:. d .. 6 .~va otov
O~~O-rE o.p\8}lov. -r~c 110PCP~c:. ~+ ~;8~0·j1EVWc:. Etc:. -rrjv -raS\V r 
dV~KOUV lCat ~dV-rEc:. ot dp\8p.ot -r~c:. 110PCP~C a+a;E{c:. oE -r~v 
-raS\V 6 dv~iouv ~dV-rEc:. ot AOt~o{,t~ol1£vwc:. Etc -r~v 6 d
vrjlCOUi( lCa { ~6.V-rE c:. 0 t dpt 8110 ( ~ + ~: "Ac:. KaA£ crw X' -r6v 0.
p t~6vt ~cr-rtC slva\ "t"6 cr~vopov 11 ~._~Ol1.:l "t"wv ouo 't"aSEwv r 
Kat ll-au-r6c:. 8d £ivat~~pocpavwc:.,11tlCp6't"£poc ~av't"6c dpt8p.ou 
~+~:(icrOc:.ll€ dpt8p.6v -rtvd B+~'8€v Duva-ra\ vd Elvat,ot... 
OTt llE-ra.£U 't"wv apt 8p.wv 't"~c 110PCP~C ~ + ~ 'OEV ~~dPXE t 11\
lCp<hspoc) Ka.t p.£ya}..u't"EpoC ~av't"6c:. dp1.8p.ou a+a'(icroc oEv 
8uva't"Clt vd Elva1.,ot6't"\ OEV ~~dPXE1. llEya.~U't"EPOC p.E't"a~u 
-rwv apt8p.wv a+a~). EuprjlCallEv o{hw cipt8p.c5v X:p.tKp6'tspov 
~av't"6c dp 1. 8'}10\5 ~ + ~ ,~a t llEyaAu't"£pov ~av-rc5c:. dp 1. 8p.ou a + a.' 
6·EV Elvat ouva't"6v va E{)p~EV Kat (lMOV dpt8p.ov,O oJ!Otoc:. 
vd Elvat lltKpO't"EPOc:. ~av-r6c dpt8110U ~ -r ~'Kai p.Eya~u't"£poc:. 
~avL6(, dp\8p.o\5 a+a'.Tou't"o cpcitvE't"at Ka{ dJ!'Eu8E(ac:. ~C t
S~C· ~<nw S 't"01.ou-rOC dpt8p.6c:.,o1.dcpop o c:. 't"ou X.~8d c: i xollEV 

'}1£'t"a£u 't"wv S Kat X 'dJ!£ {poue p~-rouc:.· ErJ.-rwcrav p Kat cr 01.30 
E~ uu-rwv-8a EtXOP.EV KUt Otd -rov p,~~1. slvat lltKp6"t"Ep oc 
r. 	 v-ro dpt8p.ou ~+ ~ 'Kat llEyaAu-rEpoC nav-r6c:. a.p1.&p.o u a + : 
~W - . Ent ~ ~ Kaiota -rov cr' ~"t"Ot 8J Eixo~EV: 

. a + a ' (' p (cr <~ + ~ , 
(t 8E· }lE O., p ( cr ). Ked b:ap.£vwc:: cr -p c' ( #) - +\1' ) 

http:dpt8p.ou
http:EtXOP.EV
http:apt8p.wv
http:dp1.8p.ou
http:dpt8p.6v
http:icrOc:.ll
http:dpt8p.ou
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d}'},"~ t)tll(topa o-p,O,1 ~Td (J"Tc8 c.: ,0o( T\C;; a p t8:.1-':c E'~v<t>,d<p' 

~'t"~PO\)~ ~ Ot-.:.q:ODL(B+ r'} - (0 +G-)Y{VE TC!1. CuOY 8€:~Dll· EV F\
Kpa.,apK.£\ yo. Ad~W'\lEY 't"ac. o1.acpop~c ~ ~ a 'Ka{ ~ - a h:Ci.vWc ' 
)l.\KPd,C· Er.O)l.EV(0C T9 OEU't"SPOV ·ftO.... O( 't"I;C iv 1.CJoi:rl1;:oc 8a yt
VET'.t\ K.at }ttKP01'E()OV 'COD £. 'Er>0tl€vwC S~V 00. ir;)~UE;V ~ ~. 
VWTEPW dvtoo'C~c Ota r.aV't"a'Ca CJua't"~)l.a'Ca TWV dpt&rwv a,~, 
a;~!'t"ou1'O Elvat do~va't"ov apa 6 ~ 5€v 80. 5tacp€p~ TOU ~'. 

Tov dpt~6v X'KaAou~Ev , a8pot~a TWV dp\~WVA Kai A' 
Kat O'~l1EtOUp.EV: ~~A+A' 

'Ag>.ai.r..Ecrt C: 'A:tWOE tKVUE't"CH EUKOA(U(, cST t 008~v1;-wV 't"wv A, 
Kat }....·gupiCJ1\.E't"at Etc Kat 110VOe: dp1.~oc o,oO'1'tC '-'poCJTt8£
llEvoC Ek TOV )....·5 iOE t -rov A CJ1jll£ t oUllEV oE -rO't"E 0:= A - X. 

7. poAAar.Aacrta~6c:~Eo-rwCJav ouo -rUX6VTEC 8E-rtKOi dr 
pt8)l.oi }.... Kat A'. Ka.AECJW'\lEv A Kat B -rac Td~EtC 1'WV Plj't"WV 
-rae Optso~CJaC TOV A, Kai A~Kat B'-rac 't"d~Etc -rwv PIJTWV 
~ac 6p1.bouCJaC TOV X. ' 

'Edv 8EWP~CJW'\lEV TEO'aapac 8ET1.KOU(, PI}'t"ouc dpt811ou(, a,~~ 

a',B;dv~KovTac;; Etc 't"cic;, 't"£CJCJapaC aUTcic Tci~ t: 1.("t,-.a}..IJ8EUOV

-rac;, OE Tdc dV\CJOTlj-ra(,a <A <~ 0.'< x. <~' 
80. l::XW}lEV 0.0. • <~~ , . 

'Epyar,O)l.EVO 1. or.WC Kai Ek -r~v r.pOcr8E CJt v~ d,-.oo£ tKVUollEV, 
01:'t ur.dpXE1. Etc dp\8ll0C 8E1:'\KO(, Kat Etc llovov,oO'1:'t(, '.80. 
Elvat lltKpOTEpOC;; t<av1:'oc ytVOllEvOU ~~ 'fat llEyaAUTEPOC;; r.av
-rOC ytVOllEVOU 0.0. ~-rOUTOV lCUAO\Yp.EV y\ v6~ EVOV TWV dp 1. &}twv 
A Kat X Kat tciv TOY KaAECJW'\lEV ).•"CJ~IlEtGG'jlEV: X'=. A)....' 

6tci va. ~XW'\lEV TO ytv0llEVOV OUO t<pa:Yfla-rtKWV dpt811WV 
Ka.( E{C T~V r.Ep{~'t"wa\V,Ka8~~v 6 E1(, Elva1. dPVljTtKOC ~ 

Kat dllC!J01:'EPOt Elvat dpv !j -rtKoi,}....u}1~(ivollEVUr.'8'lrEt Kat TOv 

Ka Voya 't"WV CJIJIlE { WV , ~-ro t : (-[I.)X = - {"l~) '. (-I~-A.')= 'I.'~ ~ 7..(-A.):-('N\: 
8. ~ta{Q.EcrtC_~ Etc;; E1{a.crTov j\payp.aTt1<:6v 'PfIT6v dpt8)lov 

a,OtclcpopOV TOU 1l!l9EVOC O:V1:'tC1TOtXE'i' EY~Cj\paY}la-rtKOC PI}
1:'<5c a''t"o\ou1:'Oc WCJTE: Cl.a·=J: 1:'6TE KaAOUp.EV 1:'6'1 a'dYT\
O'TpO<pOY 1:'OU 0., Ka.( 1:'OV CJrnlEtOullEV:t = a' 

@Ewp4crWPEV ~o~ aO'U)l.ll£Tpov dp\8~6v 8~~tKOY A- S~TOD
p.EV dpt9ttoY A~TOtOUTOV WOT£ U·=lo."Ac Ka.AECJW'\lEV B T4v 
1:'clS tV TWv PIJTWV TWV -p.e;yaAUTEpwv -rOD}.... Kat A T~V -ras tV 
1:'WV 8E't"\KWV P1J1:'WV 'Cwv 111.KPOTEpwv TOU A'O{ O:V'C{O'TPOqJO\ 

http:KaAOUp.EV
http:lCUAO\Yp.EV
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~wv P~TWV ~:'c ~d~ EWC A Sa ~r.O~EA€crOUV ~dstv ~\va B' xu! 
ot av~{ cr~ 0 f ~ \ .wv p~~wv ~~c ~aSEWC B,~E~a ~wv apv~~t
xwv P~~W' dr \~wv Kat ~ou ~~ O EVOC Sa ar.O~EA€crouv ~4v ~~ 
stY ~wv ~.r.\ )..O(1(WV P~~WV A#'~a{ 5uva~E8a vavo40'wp.EV ~

1.oue ~OUC P!]~OuC xwptO'j.l.£VOUC Etc ~d.c (;·o.1;E1.C A'xat B" Sa 
6p{b£T.a\ oU~W E\C eE~tKOC acru~~E~pOC A~ts 6pt~ou 6 ).,,# 

8a. Elvat ~O\Ou~OC C,0CnE: AX::; 1. 8a. ~ov J!JllEt-O U~EV -5£ KU! 
51.a.~wv: . 1:1. 1'1 ~ Ka{ 8a. ~6v KaJ\.OU~EV av~{cr~pocpov ~ou 
A. Ka8'o~01. u V ~por.ov 6pit o~EV 'TOV 6.v~{0~pOcpOV ap\"1j~tKOu 

apt8~ou'~ Kai to.v 508fj upt811.oC ~1.C - A.,~1(OU A 8E~tKOC, 
6 aV"ricr1:'pocpoc au1:'ou 80. Elvat - i,'01(OU' ~Elvat 6 6.v~i
cr1:'pocpoe ~ou}..: '0 apt8p.6c 0 5EV EXEt aV1:'icr"rpocpov. 

"EO'~wcra.v,~5!J,5uo dpt8p.oi A Ka{ 'P-,(A 5tacpopoc ~ou 1l.Ij5E
VOC). ZIj1:'OU}tEV ap.t8-p..ov x ~01.0U~OV WO'1:'E AX =}t.8EWpOU}tEV 
~ov XU1:'cl 1:'0. aVW1:'EpW Op t s Oll£vOV up t 8110 v ~'6 up \ 8~oC'\.l".l. 
r.AIjpO i "r~v SIjT.OUllEvIjv crXEO'\ v " 1:'0 V ap \8116" au"r()v' eEWp u~c~ 
we tc 1])dKOV 1:'OU p. b tel. A Ka{ 80. T.OV O'Ij'P-E t oUllEv : i" 6uva~ 
llE 80., Ka1:'o. "rau1:'a, va ypclt wtlE v X == ~ . . • 

g~e..a._~~p~q1.C. 'E8Ewp40'ullEV (B 2,3) ltKacr~ov PIj1:'OV ~ a-
O'U}1~£"rpov wc ~01l4v oAwv ~wv PIj1:'WV Etc buo ~cl£E\C A Ka{ 
B ~o\aU1:'ac Wa1:'E ~Kaa~oc P!]1:'OC 1:'~C A va. Elvat l1tKpO"rEPOC 
r.av~oc PIj"rou "r~c B. 6€v ~nE"rat l~ au1:'ouo1:'\ Elva\ u1(a
pa(1:'!j~ov va A!jcp80uv ~n'5tEt ~}..a1. at PIj~o( 5\a ~ov Opt
~ov 8VOC npa~a1:'tKOU apt8p.ou·~PKEi 5\0. va 6p{cr~EV ~va 
j, pa~a~tKOV apt8110v vel A!jcp80uv 5'150 ).u:p1.Kat 1:'o.£E\<;; P!j~wv 

II Kat P r.AIjpOUaU\1:'ae auv8~K.ac: 

I)"EKa.a~oc;: upt8-p..(k ~~C II va Elvat lltxP01:'EPOC nCl.v~Oe 
a pt 8p.ou 1:'~C P. 

2) Nd. p.~v ~l,aPX1J ll.. EyaAUT.Epac dc ~~ v T.cl£tV II Ka.t ).1\

KpO~E oc Etc 1:'~V ~a£:v P. 
3) a Eup {aKuV~at .r.o.V1:'OT.E Up\8p.<k ~~c 'TelSEWC P Kat d

pt 8p. oc 1:' ~ ~ s Ewell EXOVT.EC 5ta~opelv }ttKpa~Epav 8E~tKaU 
a p tep.ou £ , <10 . 5Jinon: lltKP6c Kat liv ~no1:'£8~1 6 E. 

II.X. E "t'6 ::0. ci5 £typ.a 1:'~e § I at 0'150 C!K:oAou8{ut (a) 
i:a.{ (~) 6uv ' 1' " va. G£WP I1 90 DV wc;: TQi; Et C 6.pt 9p.wv op{s ou

·9 
JUt ~ov7j3' ~a~ \ c " ' t. "n~ po '\J (t ot: 0 2 ) o Dva~at vo. eEwpIj9~ 

http:6.pt9p.wv
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...{ { wc 6otr6'~EVOC a:.o 0'150 1:"a~Etc A Kat P 5)",wv 1:"WV pr -_ ' 
'AVi:"tCr1:"pOcr w·C. ·(I) ~a1:"W 'C"uXouaa 't"01l~ o)..uv 'C"WV PlI --rwv 
(A,B) 6pit,ouao. Eva o.ptSp.ov. 6uvallESc, va ESaya.YWllEv (~:-. ' 
1:"~V 1:"a.stV A) l1{av --ro.stV p~--r~v a.ptSl1wV IT Kat (a.~6 --r~v A . 

stY B) l1{av --rastV p~1:"WV P ~A~pouaac --ruc o.VW1:"EpW auv8~~__ 
MEPtK~ ~Ep{r-1:"Watc. "Ea--rw 5to. --r~v a.~Aoua--rEUa\V '1~c y ;- -

cp~c-~~xouO'a a.aD11~E'T.p-OC 1:"011~. l:;\)vo.llESa 5ta 'rtiv 1:"o.S tV 

vo. Ao.~WjlEv a.KoAouS{av --r~c: l1oPCP~C: a a,y~ a'Yt Y'l a'Yl Y2.. 3 '" 

or-ou a 80. Etvat SE'rtKOC: aKEpa\oc: ~ 0 ~ a.PV~--rtKOc: a.KE ~
oc: Kat Y ,Yz ,y ,Elvat t!JCP{a. llE--ra SU' 0 Kat g'

i 
5ta OE --r~v ~dstv p a.KoAou8iav --r~C 110PCP~C 


0.+1, 0.,0\ a,~ ~\. a.,y. y. 5 ... 

i 2 3 . 


or-ou 0v = y ... J 


IT.x. OtU --rov a.pt~6v r- ~XO~EV 't"dc Ch:OAou8 (ac: 

3, 3,I 3,14 3,1415 •.• 

4, 3,2 3,15 3,1416 ..• 


fA 0' K tT cr E • C 

Na ar-ooEtx8wcrtv a t E~ijC r-pOi~crEtc:: 
I) ME'rCJ.S U OUO 0 lwVO~r-O--rE Pll--rwv Ur-d.PXE t r- t.J.V--rO'rE PIJ1;O 

Ka t tg~€VWC a:'Etpia P!J--rwv. 
2) ME'ra Su DUO 0{wv5~r-on: ~pa.J1la11.riJV a pt8p.wv U:r. .t PXE ~ 

r- a v'ro--rE prrroc Ka{ tr-0llEVWC o.:r.Eipia P!1":-wv (s a 'r p iX ll-p,£ v 
E~t'r~C ~po't"o.aEwc 't"au't"!}c Etc 't"~v § 5) 

:3) ME't"aSu bUO 0 { WVO~1CO--rE prl't"wv ut-.a/XE \ r.C\" T "t S d -",'
llE't"poc o.pt9-p.Oc Kat E1": O).l.€V a.~ £ \p { a. -,- tlETPWV. 

4) 'Eav KCl '"(;"ul1£ p i wp..c: v . OU: c :- r tlU7\ K. ! c t Gp.oU: 
E {c cuo --rUS E tc A :: { P , ~-wc:;. w<r-:£ v1 0 Iii ~ { - \ 01"11C I 
( § 2) 6 {S~EV Eva ~ vvv P!}'t"OY ~ a cr ' ~ . LPOV {{5~ cJU111":€
paC).1U § 2,5). 

5)W Ea't"w --rOll~ (A,B) OAWV --rwv p~~wv Kui SE't"tK6C ~tc p~
't"0( E' 5uva.1l£8u va. - edSpWjlEv Eva, ap t Sl10V ~l1c --ra£EwC A lea { 
~va TI1C: --rQ.£EWC: B, ~xov--rUC 5tu~opo.v to'~v ~poc ~ov E. 

6)JlEa~w 'rOjl~ (A,B)6pir,ouO'a SE 'nKov d.P1.~OV Ka( P!J1;-6c 
--rtc K P.EyUAUTEp OC 'T.~C l1ovc.5 0c·5uvQ.ll£8u va. EUpWJ1EV /tva 0.
pt~(5v '"G"ijc --ra:;Ewc;: A Ka{ eva '"G"1)C TdsE::wc B,€XQv--ruc 1":fjA.{
KO V taov npoc 't"ov K . 

.~ iir. 0 1 z , Allgeme i l 12 P.r i t hn1Et i1<: • 
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7)WEa~wcrav at ~asEtc ~wv p~~wv dpt8~wv A Kat B,a\ 8~ 
wp~8Eiaat E{C ~!}v ·· 2 :tCp6c Optcrp..ov ~ou {5 . 6£v U;r;apXE\

I 

ttE~a;;u TWV p!j~wv ~~c;. ~a~E:'fc;. A prl'toc;. ttEya}..u~Epoc;. ~AWV ~wv 

a}..}..wv p~~wv 't~c 'taSEwc;. A, 6\hE. ttE~aS '15 'T:WV prl'T:wv 'r~C 'T:aSE
wc B P~'T:OC tttKpO'rEPOe;. 5AWV 'T:WV aAAwv p~'twv 'tije;. B. 

8) "Ecr'rwaav' a Kat ~ 0'150 p~'T:oi dpt8ttoi Kat ~ daUttp.E~poc. 
'Eciv a (S Ka { S <~ ea ~Xwp.EV a <~ 
'Eciv a <~ Kat ~ <s' , ea ~X~EV a <S 

g)WEa'rwaav a,~,y 'tPEte;. :tCpaYtla'rtxoi dptettot. 

'Eciv Cl <~ xa! ~ <y , eU. ~X~EV a. (y. 


10) ME ~ouc OOeEV'rClC 6ptO'}l.ouc O\u'tl1PEt~a.\ Kdt ~ .:tC{ 'T:WV 
~aUttttE'T:pWV fa {Oto'rl1C ~~c dV~tttE'T:ae£crEwC (~ av~aAAay~C),~ 
o,aA.u't\K~ t01.6't~c Ka! 11 E:tCtttEpta'T:1.X~ {OtO'T:~C~'tO\ 

a+~=~+a 
a+(j3+y):= (a+~) +y 

aj3 =~a 
a(j3y) =- (Clj3)y 


a (j3 -t- y) = aj3 + a y 

II) 'Eav 6 }.. Elvat acrUttttE'rpOC apt8~6c xat 
6 i ( ~B) ea 

Eivq.t a.aUp.ttE't"poc. 
12)'Eav a KU\ j3 Elvat Pl1'tO{ d.P\~o{ xat tdv 6 ~ Elva\ 

eE'ttK~C Kat OEV Etvat 't£A.EtOV 'T:E'tpaywvov 11 :tCapaa'taatc 
(a -r {lj)2 o{oEtdaup.l1t:~p<OV aptep.ov. 

13)"Ea~wcrav a xa! ~ CUO Pl1~O{ dpt~o{,!~OtOU'T:01. 


a') ~Ka{ a) 0 • " I V I~ ~ :tCap.aa'raat C 


~a+~+ ~ a - f-;-
Elvat Pl1~6c ap,,8-p.6c :tCp£:tCEt Kat dPKEt o{ a.pt8tto{ a" - ' 13 

Ka{ a+ ~~;1 _ r · veL Eivat ' 'T:€'T:pdywvo. pr(twv ap1.~wv. 
Na EUPE9,1 

14) cH auVeIiK~. ~~v 6r-o {av :tC p£:tCE 1. va.. nMjpouv 0 t Pfl'to { a..:
ptSp.oi x,\jf,w, t, '{va 11 :tCapacnaa1.(. 

~~-~- ~ 
uw -t t 

Etvatp~'toc;. dptettoc (hav 6 a Elva" daullllE'T:po(.. . 
15 ) cH cruve~Kl1 '{va 6 dp 1. e110C {X+ ff Et vat prl1;OC 5'tuv 

5 ta 't1.N X xa{ 0/ {;Kcpp.cib~EV P~~O\).c; ~~K:OUC ,rip.~Hp.ouc. 

http:ap,,8-p.6c
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