
YeudoantÐstrofoc pÐnaka

O yeudoantÐstrofoc, gnwstìc kai wc antÐstrofoc Moore-Penrose eÐnai mÐa
genÐkeush tou antistrìfou. Se antÐjesh me ton sun jh antÐstrofo enìc
pÐnaka, o opoÐoc up�rqei mìno gia tetragwnikoÔc kai antistrèyimouc pÐnakec,
o yeudoantÐstrofoc up�rqei gia k�je pÐnaka A ∈ Rm×n.

O yeudoantÐstrofoc enìc pÐnaka A ∈ Rm×n dÐnetai apì ton tÔpo

A+ = (ATA)−1AT .

Parat rhsh
Se perÐptwsh pou o pÐnakac A eÐnai tetragwnikìc kai antistrèyimoc o yeudo-
antÐstrofoc tou A isoÔtai me ton sun jh antÐstrofo.

• A+ mèsw SVD

JewroÔme thn paragontopoÐhsh idiazous¸n tim¸n (SVD) tou pÐnaka A ∈
Rm×n, dhlad 

A = UΣV T .

'Etsi, o yeudoantÐstrofoc tou A ekfr�zetai wc

A+ = (ATA)−1AT = (V ΣTUTUΣV T )−1V ΣTUT

= (V T )−1(ΣTΣ)−1V −1V ΣTUT

= V (ΣTΣ)−1ΣTUT

= V Σ+UT .

• A+ mèsw QR

Jewr¸ntac thn QR paragontopoÐhsh tou pÐnaka A, o yeudoantÐstrofoc
mporeÐ na ekfrasteÐ wc

A+ = (ATA)−1AT = (RTQTQR)−1RTQT

= (RTR)−1RTQT = R+QT .

1


