
To je¸rhma prosèggishc tou Müntz

SÔmfwna me to je¸rhma prosèggishc tou Weierstrass, k�je suneq c sun�rthsh f :
[0, 1] → R proseggÐzetai omoiìmorfa apì polu¸numa. Mia apl  parat rhsh eÐnai h ex c:
an h f(t) eÐnai suneq c sto [0, 1], tìte h g(s) = f( n

√
s) eÐnai epÐshc suneq c, �ra h g proseg-

gÐzetai omoiìmorfa apì polu¸numa p(s). Me thn allag  metablht c s = tn sumperaÐnoume
ìti h f(t) proseggÐzetai omoiìmorfa apì grammikoÔc sunduasmoÔc twn poluwnÔmwn tjn,
j ≥ 0.

O Bernstein melèthse to akìloujo prìblhma: an {λj}j∈N eÐnai mia akoloujÐa fusik¸n
arijm¸n me lim

j→∞
λj = +∞, na brejoÔn sunj kec pou na exasfalÐzoun ìti h kleist 

grammik  j kh twn poluwnÔmwn 1, tλ1 , . . . , tλj , . . . me thn ‖ · ‖∞ eÐnai olìklhroc o C[0, 1].
H ap�nthsh dìjhke apì ton Müntz:

Je¸rhma. 'Estw {λj}j∈N mia akoloujÐa fusik¸n arijm¸n me lim
j→∞

λj = +∞. Oi sunar-

t seic 1, tλ1 , . . . , tλj , . . . par�goun ton C[0, 1] an kai mìno an

∞∑

j=1

1
λj

= +∞.
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