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'Askhsh 4.1 (KN:5-1) 'Estw (Ω,S) metr simoc q¸roc. An mia f : Ω →
[−∞, +∞] ikanopoieÐ [f ≤ q] ∈ S gia k�je rhtì q, na apodeiqjeÐ ìti h f eÐnai
metr simh.

'Askhsh 4.2 (KN:5-2) D¸ste par�deigma f : R → R pou den eÐnai Le-
besgue metr simh, all� oi |f | kai f 2 eÐnai Lebesgue metr simec.

'Askhsh 4.3 (KN:5-3) 'Estw (Ω,S, µ) q¸roc mètrou kai f, g : Ω → R
¸ste to sÔnolo [f 6= g] = {x ∈ X : f(x) 6= g(x)} na eÐnai µ-mhdenikì. An h
f eÐnai µ-metr simh, deÐxte ìti h g eÐnai kai aut  µ-metr simh.

'Askhsh 4.4 (KN:5-4) 'Estw (Ω,S) metr simoc q¸roc kai f : Ω → R
S-metr simh. Jètoume

g(x) =

{
0, an f(x) ∈ Q
1, an f(x) /∈ Q.

Na apodeiqjeÐ ìti h g eÐnai S-metr simh.

'Askhsh 4.5 (KN:5-5) 'Estw (Ω,S) metr simoc q¸roc kai f : Ω → R
metr simh sun�rthsh. An φ : R → R eÐnai suneq c ( , genikìtera, Borel
metr simh), na deiqjeÐ ìti h sÔnjesh φ◦f : Ω → R eÐnai metr simh sun�rthsh.

'Askhsh 4.6 (KN:5-7) ApodeÐxte ìti to sÔnolo A twn shmeÐwn enìc me-
tr simou q¸rou (Ω,S) sta opoÐa mia akoloujÐa fn metrhsÐmwn sunart sewn
sug-klÐnei (dhlad , A = {x ∈ Ω : to ìrio limn fn(x) up�rqei }) eÐnai metr -
simo sÔnolo.

'Askhsh 4.7 (KN:�) An f : [0, 1] → R eÐnai Borel metr simh sun�rthsh,
eÐnai al jeia ìti up�rqei akoloujÐa suneq¸n sunart sewn (fn) ¸ste fn(x) →
f(x) gia k�je x ∈ [0, 1]? (bl. kai 'Ask. 5.1)


