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ITpoBAnuoar 1: Alveton teTporywvindg mivoxag A = (a;;) pe otouyeior Tparypatxols aptipolc,
ol Hote a; = 1y i > jouon 0 < a;; < 1y i < j. Aci€re 611 0 < det(A) < 1.

ITpoBANua 2: Alveton 1 BUVAUOCELRY
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IMpoBAnua 3: I Yetixoie axepatoug n, 7 0plloVUE T ap i € N and Ty 06T
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IMebéBAnua 4: 'Eotw Simhd cuveyde mopaywyiown ouvdetnon f : [0,00) — R. Av undpyet
a > 0 tétoo Gote f(x) > a v xdde z > 0 xou
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IMebéBAue 5: Abvovton ot oxohoudies (an)nen % (by)nen QUOXOVY opLiudY Tou opllovto
avaBEOUIXS b TIC IOOTNTES Gy = Gp—1 + (N — 1)2%a, 9 xou by, = bp_y + (n — 1)%b, 5 yian > 2
xou Tic opytxéc ouvixes ag = by = 1, a; = 0 xou by = 1. Trohoyiote 10 dpto lim,, . (ay,/by).

H dudpxeia tng e€étaong sivan 3 weeq. KAAH EIIITYXIA!



AVoceic

IpbBAnpa 1: 'Eotw 6t o wivaxag A ebvaw n X n, émov n > 2. Agoup®vTog TNV TeAsuTaia
Yoouuh Tou A amd xodeud and Tic UTOAOITES YpoupéS xo avanTiocovTag TNV opllouca Tou
Vo ToU TPOXVTTEL (¢ TIPOS TNV TRMTN GTANN Xxatahiyoue (eEnyhote tie) otov timo det(A) =
H;:ll(l — Gji41), A6 6mOU T0 {NTOVUUEVO Elvan Gavepod.

IMebBAnuo 2: Ané tn Baovd] Tautdtnta Y oo & = —log(l — z) v |z| < 1 maipvoupe
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and 6mou evxoha tpoxVTTeL 1 {ntoluevn cuvaptnotaxy e&iowan yio Ty f(x).

ITebéBAnua 3: Oftoupe 0, (i) = zqu Anrgrti Yi 0 € {0,1,...,7 — 1} %o Yewpolue v
mewToeyxh T-0TY ella g uovddog (. Oftoviag T = ¢ OTNV TOUTOTNTA TOU 0pILEL TOL @y
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OewpolUE TIC EEICMOELC AUTES KOG EVAL GUOTNUA T YRUUUXOY EEIGHOEWY GTOUC T AY VOO TOUS Ty (7).
Hapatneolue 61t 10 clotnua €yel un undevixry optlovca Vandermonde xat GUVETHOSC UOVAOLXN
Aoom. Aol 1 0, (1) = " ywd € {0,1,..., 7 — 1} ebvon o Moo (e€nyfote yatl), éneton o
{ntolyevo.

ITpbB Ao 4: Tapatneolue 6Tty 0 <o <y
y y
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Ané aut6, Ty unddeon 6t [ ] f(t)| dt < 0o xau to xprthplo Tou Cauchy éneton dTL undpyet To
lim, o0 f/(2) xou ouvende bt f ebvan pporypévn oto [0, 00). Aol 1 1/ f eivan eniong pparyuévn
0€ oUTO TO SLIoTNUOL, opxel v Seiloupe OTL
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Agov ov f' xou 1/ f etvan gparypévec oo [0,00) xau [ | f(t)| dt < oo, énetan o {nroduevo.

ITebéBAnua 5: Iupatnpolue 6t 1 woétNTat @y = ap_q + (0 — 1)2an,2 YEAPETAL LGOBUVOAL
ap —nap—1 = —(n—1) (a1 — (n— 1)ay_2).
Anéd authy, pe emaywyy| 6T0 N TEOXUTTEL OTL
an —nan_1 = (a1 —ap) (=1)" ' (n—-1! = (=1)"(n —1)!

yioo xdde n > 1. Opolwe, agod by — by = 0, Beloxouye 6Tt b, — nb,—1 = 0 yioe x&de n > 1 xou
oLVETKC OTL b, = n! yio x&e n € N. Enopévwc, yon > 1,
an na,—1 + (—=1)"(n —1)! A1 (—=1)"
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and OTou EneTal OTL
an ] 1 N 1 N (—=1)"
b, 1 2 n

v x80e n € N. Enopévec, 1o {ntoluevo dpto ebvon 1o dretpo ddpoopa 1 — > > (—1)"1/n =
1-(1-1/2+1/3—-1/44---)=1—log(2).




