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'Askhsh 1. Na brejoÔn, an up�rqoun, ta sup, max, inf kai min twn sunìlwn

A = { 1

n + 1
: n ∈ N} ∪ {0}

B = {n− 1

n + 1
: n ∈ N �rtioc } ∪ {1− n

n + 1
: n ∈ N perittìc } .

'Askhsh 2. An ∅ 6= A ⊆ N �nw fragmèno, apodeÐxte ìti sup A ∈ A.

'Askhsh 3. 'Estw (αn) akoloujÐa pragmatik¸n arijm¸n me lim
n→∞

αn = 0 kai
ta sÔnola

A = {n ∈ N : an < 10−3}, B = {n ∈ N : an < 0}.

Na exet�sete poia apì ta parap�nw sÔnola eÐnai peperasmèna kai poia èqoun
peperasmèno sumpl rwma (wc proc to sÔnolo twn fusik¸n arijm¸n).

'Askhsh 4. 'Estw (an) akoloujÐa pragmatik¸n arijm¸n.
(a) An an → 0 deÐxte ìti |an| → 0. IsqÔei to antÐstrofo?
(b) An an → a kai (akn) upakoloujÐa thc (an) deÐxte ìti akn → a.

'Askhsh 5. (a) UpologÐste to ìrio thc akoloujÐac an =
nk

n!
(k ∈ N).

(b) 'Estw A ⊆ R mh kenì kai fragmèno me sup A = 5. DeÐxte ìti up�rqei
aÔxousa akoloujÐa (an) me an ∈ A gia k�je n ∈ N ¸ste an → 5.

Kal  EpituqÐa!


